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SYSTEM AND METHOD PERFORMING
QUADRATURE AMPLITUDE MODULATION
BY COMBINING CO-SETS AND STRONGLY

CODED CO-SET IDENTIFIERS

RELATED APPLICATIONS

This application claims the benefit of prior U.S. Provi-
sional Application Nos. 60/314,169 and 60/314,168 filed on
Aug. 23, 2001.

FIELD OF THE INVENTION

The invention relates to systems and methods for combin-
ing binary error correcting codes (such as turbo codes) and
multi-level signal sets, such as QAM (Quadrature Amplitude
Modulation), PSK (Phase Shift Keying), PAM (Pulse Ampli-
tude Modulation).

BACKGROUND OF THE INVENTION

Conventional systems and methods fox the combination of
binary error correcting codes (such as turbo codes) and multi-
level signal sets (such as QAM) typically operate as depicted
in FIG. 1. Input data is encoded, for example using Turbo
Encoding. The encoded output is interleaved and mapped m
bits at a time to a QAM constellation using a QAM constel-
lation mapping which is typically a Gray mapping. The result
is transmitted over a channel. At the receiver, the QAM de-
mapping is performed, followed by turbo decoding.

In these schemes, Turbo decoding is achieved in two
stages. First, the probability values corresponding to the bits
are extracted by adding up the probability of the correspond-
ing constellation points. Then, these bit probability values are
passed to a conventional Turbo-decoder for iterative decod-
ing. The complexity of these methods grows with the size of
the constellation due to the s step required in extracting the
probability values. In addition, the extra interleaving stage
required between the binary encoder and the constellation (to
reduce the dependency between the adjacent bits mapped to
the same constellation) adds to the overall system complexity.
It is well known that the coding gain of these schemes drops
as the spectral efficiency increases.

Disadvantageously, noise in the QAM may result in mul-
tiple bit errors which may not be correctable. For example, in
a constellation with 1024 points, capable of representing ten
bits per symbol, an error in the mapping may result in up to all
ten bits being in error. Most current systems map similar bit
sequences to constellation points which are close to each
other to mitigate this problem somewhat. Gray Mapping is an
example of this.

Notwithstanding Gray mapping, the error rates achieved
with such systems are still significantly less than the limit said
to be theoretically achievable by Shannon’s coding theorem.
As QAM size increases, the coding loss becomes significant.

SUMMARY OF THE INVENTION

One broad aspect of the invention provides a method of
encoding a stream of data elements. The method involves
splitting the stream of data elements into a first stream and a
second stream; encoding the first stream to produce a first
encoded stream; performing a constellation mapping using a
combination of the first encoded stream and a third stream
which is based on the second stream.

In some embodiments, the constellation mapping performs
a Gray mapping in mapping the third stream.
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2

In some embodiments, the third stream is identical to the
second stream.

In some embodiments, the method further involves encod-
ing the second stream to produce the third stream using rela-
tively weak encoding compared to that used in encoding the
first stream to produce the third stream.

In some embodiments, the method further involves per-
forming shaping on the second stream to produce the third
stream.

In some embodiments, the method further involves per-
forming shaping and channel coding on the second stream to
produce the third stream with relatively weak encoding com-
pared to that used in encoding the first stream.

In some embodiments, the encoding performed on the first
stream is turbo encoding.

In some embodiments, the shaping is performed using a
Huffman tree based addressing scheme to get a substantially
Gaussian amplitude distribution.

In some embodiments, performing constellation shaping
for a given signal constellation comprising a plurality of
constellation points involves associating a cost with each of
the plurality of constellation points; defining a hierarchy of
blocks, the hierarchy having a plurality of layers comprising
at least a first layer and a last layer, each layer having fewer
blocks than each previous layer; wherein the first layer is
formed by ordering all of the constellation points according to
cost, and then assigning a first lowest cost group of constel-
lation points to a first shaping partition, a second lowest cost
group of constellation points to a second shaping partition
dividing comprises a plurality of shaping partitions, and so on
until a highest cost group of constellation points assigned to a
last shaping partition, each shaping partition being assigned a
cost based on the costs of the constellation points in the
shaping partition, each shaping partition being a first layer
block; wherein an element in each other layer is formed by
combining two blocks of a previous layer and is assigned a
cost based on the costs of the two blocks of the previous layer,
a block of each layer being comprised of one of the elements
according to cost, or a group of the elements according to
cost; the last layer having a single block comprising a plural-
ity of elements; shaping gain being achieved by only mapping
to a subset of the elements of the last layer.

In some embodiments, the constellation mapping uses the
data elements of the first encoded stream for least significant
bits of the constellation mapping and the constellation map-
ping uses the data elements of the third stream for most
significant bits of the constellation mapping.

In some embodiments, the method further involves defin-
ing a signal constellation comprising a plurality of constella-
tion points; defining a plurality of co-sets within the plurality
of'constellation points such that a minimum distance between
constellation points within each co-set is larger than a mini-
mum distance between any constellation points within the
signal constellation; performing said constellation mapping
by using the first encoded stream to identify a sequence of
co-sets of said plurality of co-sets, and by using the third
stream to identify a sequence of constellation points within
respective co-sets of the sequence of co-sets identified by said
first encoded stream.

In some embodiments, labels of constellation points within
each co-set are Gray mapped.

In some embodiments, the constellation mapping uses the
data elements of the first encoded stream for least significant
bits of the constellation mapping and the constellation map-
ping uses the data elements of the third stream for most
significant bits of the constellation mapping.
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In some embodiments, the plurality of constellation points
comprises a regular array, and wherein each co-set comprises
a respective set of equally spaced points within the regular
array.

In some embodiments, the Turbo encoding is symbol-
based Turbo encoding.

Another broad aspect of the invention provides a transmit-
ter which has a de-multiplexer adapted to split an input stream
into a first stream and a second stream; a first encoder adapted
to encode the first stream to produce a first encoded stream; a
constellation mapper adapted to perform constellation map-
ping using a combination of the first encoded stream and a
third stream which is based on the second stream.

Another broad aspect of the invention provides a receiver
which has a first constellation de-mapper adapted to perform
de-mapping of a received signal to extract a first sub-stream;
adecoder adapted to perform decoding of the first sub-stream
to produced a decoded sub-stream; a re-encoder adapted to
re-encode the decoded sub-stream to produce a sequence of
co-set identifiers; a second constellation de-mapper adapted
to perform constellation de-mapping of the received signal
within co-sets of constellation points identified by the
sequence of co-set to extract a second sub-stream.

Another broad aspect of the invention provides a transmit-
ter having means for splitting a stream of data elements into a
first stream and a second stream; means for encoding the first
stream to produce a first encoded stream; and means for
performing a constellation mapping using a combination of
the first encoded stream and a third stream which is based on
the second stream.

Any of the above summarized or below described embodi-
ments can be implemented on an appropriate computer read-
able medium, for example a memory storage medium such as
a disk. They can also be implemented in any appropriate
processing platform such as a general purpose processor,
custom processor or FPGA, DSP, ASTC to name a few
examples.

BRIEF DESCRIPTION OF THE DRAWINGS

Preferred embodiments of the invention will be described
with reference to the attached drawings in which:

FIG. 1 is a block diagram of a conventional QAM coding
scheme;

FIG. 2A is a block diagram of a constellation coding
scheme provided by a first embodiment of the invention;

FIG. 2B is an example of how a simple QAM constellation
may be used for the embodiment of FIG. 2A;

FIGS. 2C, 2D, 2E and 2F provide example performance
results for the embodiment of FIG. 2A;

FIG. 3 is a block diagram of a constellation coding scheme
provided by a second embodiment of the invention;

FIG. 4 is a block diagram of a constellation coding scheme
provided by a third embodiment of the invention; and

FIG. 5 is a simple example of how encoding is performed
for the embodiment of FIG. 4.

DETAILED DESCRIPTION OF THE PREFERRED
EMBODIMENTS

Referring now to FIG. 2A, a first embodiment of the inven-
tion is shown in block diagram form. Shown is transmitter/
encoder functionality generally indicated by 80, a channel
generally indicated by 98 which for the purpose of this
example may be assumed to be a band-limited AWGN chan-
nel, and receiver/decoder functionality generally indicated by
82.
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The transmitter/encoder takes an input stream 84 and splits
it with bit demultiplexer 85 into first and second parallel
streams 86,88 L., and K, bits wide respectively. The second
stream 88 is turbo encoded with turbo encoder 90 to produce
a K, -bit stream 91 or more generally is encoded by some type
of'encoding which is stronger than any error correction cod-
ing used for the first stream 86 which in the illustrated
example has no encoding. The underlying Turbo-code is pref-
erably a symbol-based Turbo code which preferably inter-
leaves the bits grouped in symbols used to select the co-sets
(symbol size of two bits is preferred). A constellation selector
96 (also referred to as a constellation mapper) implements a
signal constellation by mapping sets of input bits to respective
constellation points within the signal constellation. The con-
stellation signal set mapped to by the constellation selector 96
is partitioned into co-sets to be selected by the group of bits
(symbols) of the symbol-based Turbo-code. For example, the
Turbo-code may interleave bits in pairs, and the constellation
may be a PAM signal set partitioned into 4 co-sets to be
selected by the 2 bits of the symbol-based Turbo-code. The
properties of an example two bit by two symbol-based inter-
leaving are presented in U.S. Pat. No. 6,298,463 entitled
“Symbol-based Turbo-codes” to Bingeman et al. assigned to
the same assignee as this application, and hereby incorpo-
rated by reference in its entirety. For the second parallel bit
stream, K,;/R=K,, where R is the coding rate of the turbo
code. The two streams 86, 91 are multiplexed together in bit
multiplexer 97 the output of which is input to a constellation
selector 96 which operates as described by way of example
below with reference to FIG. 2B. The constellation selector
96 may implement any suitable constellation, for example
QAM, PAM, PSK or others. Alternatively, two separate
inputs to the constellation selector 96 may be employed.

The constellation selector 96 maps to a set of 272x2%7
possible constellation points. A physical interpretation of
splitting up the bit stream in the above manner is that the
available constellation points are divided up into 2% different
co-sets each containing 272, constellation points. A simple
example of such co-sets is shown in FIG. 2B for QAM modu-
lation. In this example, L,=2 and K,=2, sowe have a 16 QAM
constellation 40 which is divided up into 25?=4 co-sets 42, 44,
46, 48 containing 2°=4 constellation points each. In this case,
the input to the mapping is four bits {I°, 1*, k°, k'} of which
1°, 1" are the most significant bits which originate from the
uncoded stream, and of which k°, k' are the least significant
bits which originate from the coded stream. The least signifi-
cant bits, indicated at 49 are used to select one of the four
co-sets 42, 44, 46, 48. The most significant bits, indicated at
51 are used to select a point within the co-set identified by the
least significant bits. This is illustrated for the case where the
co-set 42 is selected by the least significant bits. More gen-
erally, the constellation selector 96 mapping uses the data
elements of the Turbo encoded stream for a given subset of the
bits (for example the least significant bits) of the constellation
point labels and the constellation selector 96 uses the data
elements of the remaining stream for the rest of the bits (for
example the most significant bits) of the constellation point
labels.

The data elements of the Turbo encoded stream 91 are used
as a stream of co-set identifiers. The data elements of the first
stream 86 are used to identify points within the sequence of
co-sets. Preferably, a Gray mapping is employed in mapping
the first stream 86 to a given co-set. This involves ensuring the
mapping maps bit patterns which differ by only one bit to
adjacent symbols within a co-set. This amounts to a labeling
convention there is no Gray coding step or Gray de-coding
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step, these being inherently taken care of by the selection of
labels for the constellation points.

It is noted that in FIG. 2A and subsequent figures, the
various functional blocks are shown separately. More gener-
ally, these blocks may be implemented in any set of one or
more physical blocks, and may be implemented for example
a general purpose processor, a DSP, ASIC, FPGA or other
processing platform.

Advantageously, the minimum distance of the constella-
tion points within a given co-set can be significantly larger
than the minimum distance of the constellation points within
the constellation as a whole.

In FIG. 2A, at the receiver/decoder 82, first, a constellation
de-mapping is performed in constellation de-mapper 108 of
only the K, Turbo coded bits. Turbo decoding is performed by
turbo decoder 102 to turbo decode the K, least significant bits
to produce a K, bit decoded stream. The probability values
required to initialize the Turbo decoder may for example be
computed by adding the probability of constellation points
within each co-set and then the conventional iterative decod-
ing procedure follows. This is then re-encoded with turbo
encoder 104 which is identical to the turbo encoder 90 at the
input. This produces a K, bit wide sequence which is output
as the sequence of co-set identifiers. These are used to select
a co-set with co-set selector 107 thereby identifying a set of
points which are used as the constellation for the most sig-
nificant bits. Then, based on the co-set thus selected, the L,
most significant bits are de-mapped with constellation soft
de-mapping 111. Hard decisions are made in decision block
110 and the L,=L, bit output is fed to a bit multiplexer 112.
The K, bit output of the turbo decoder 102 is also fed to the bit
multiplexer 112 the output of which is the recovered bit
stream.

Some example performance results are shown in FIG. 2C
where a 16 PAM constellation was used. The capacity for the
least significant bit group (the turbo-encoded group) is plot-
ted in curve 72, and the capacity for the most significant bit
group is plotted in curve 70. The capacity for the combined
channel is plotted in curve 74, and the theoretical Shannon
limit for the AWGN is shown in curve 76. Similar results are
shown in FIG. 2D for 4 PAM. Bit error rate performance is
shown in FIGS. 2E and 2F for two examples. FIG. 2E applies
for the BER of Turbo coded QAM for rate 4/6 64QAM
(spectral efficiency of 4 bits/sec/Hz) with interleaver size
N=2000 (bits). FIG. 2F applies for the BER of Turbo coded
QAM for rate 12/14 16384 QAM (spectral efficiency of 12
bits/sec/Hz) with interleaver size N=2000 (bits).

Referring now to FIG. 3, a second embodiment of the
invention is shown in block diagram form. This embodiment
has many blocks in common with the embodiment of FIG.
2A, and such blocks are identically numbered. This embodi-
ment features a channel encoder 89 in the transmitter/encoder
80 between the bit demultiplexer 85 and the bit multiplexer
97. The channel encoder 89 may, for example, perform block
coding on the L, bit stream output by the bit multiplexer 85 to
producethe L, bit channel coded stream which is then input to
the bit multiplexer 97. In this case, unlike in the first embodi-
ment whereL,=L,, L,=L,/R, where R, is the rate of the code
implemented in the channel encoder 89.

As before, the second parallel stream 88 is turbo encoded
with turbo encoder 90, or more generally is encoded by some
type of encoding which is stronger than that used in the
channel encoder 89. Where block encoding has been used in
the illustrated example, more generally, any encoding which
is weaker than that used for the second parallel bit stream 88
may be employed. Then, similar to the previous embodiment,
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the channel encoded bit stream 86 is used to select constella-
tion points within a sequence of co-sets identified by the turbo
encoded bit stream.

At the receiver/decoder 82, the processing of the turbo
coded bit stream is the same as in the first embodiment
described above. For the channel encoded stream, however,
the constellation soft/de-mapping function 108 in this case
may be soft and/or hard de-mapping function 111. This is
followed by a channel decoder which decodes at rate R, to
produce the L, bit stream input to the bit multiplexer 112.

Another embodiment of the invention will now be
described with reference to FIG. 4. Again, this embodiment
shares many blocks in common with the embodiment of FIG.
2A, and these blocks are identically numbered. On the trans-
mitter/encoder side 80, there is optionally a channel encoder
89 performing channel coding as described above with rate
R,, and there is a constellation shaping block 113 which
performs constellation shaping by mapping shaping bits into
a sequence of shaping partitions. The order of the blocks 89,
113 may be reversed, but the preferred order is shown. The
output of the constellation shaping block 113 is an L,' bit
stream, and the output of the channel encoder 89 is an L, bit
stream 93 which is input to the bit multiplexer 97 as before,
together with the sequence of co-set identifiers generated by
the turbo encoder 90. The processing for the second stream
output by the bit demultiplexer 85 is the same as for the first
two embodiments.

The inclusion of the constellation shaping block 113
changes the nature of the co-sets somewhat. Where in previ-
ous embodiments, the different co-sets were static entities, in
this embodiment, the different co-sets are shaped by the con-
stellation shaping block 113. In other words, the L, bits (in
FIG. 4) select the sequence of shaping partitions and then the
turbo coded bits select the co-sets within each shaping parti-
tion. This is guaranteed to be possible as long as each shaping
partition contain and equal number of points from each co-
set. A detailed example is presented below with reference to
FIG. 5. Various shaping techniques may be employed. Com-
monly assigned U.S. application Ser. No. 10/226,172 filed the
same day as this application discloses a method of shaping
which may be employed. That application is hereby incorpo-
rated by reference in its entirety.

The application teaches a method of performing constella-
tion shaping for a signal constellation comprising a plurality
of constellation points. The method involves associating a
cost with each of the plurality of constellation points; defining
a hierarchy of blocks, the hierarchy having a plurality of
layers comprising at least a first layer and a last layer, each
layer having fewer blocks than each previous layer; wherein
the first layer is formed by ordering all of the constellation
points according to cost, and then assigning a first lowest cost
group of constellation points to a first shaping partition, a
second lowest cost group of constellation points to a second
shaping partition dividing comprises a plurality of shaping
partitions, and so on until a highest cost group of constellation
points assigned to a last shaping partition, each shaping par-
tition being assigned a cost based on the costs of the constel-
lation points in the shaping partition, each shaping partition
being a first layer block; wherein an element in each other
layer is formed by combining two blocks of a previous layer
and is assigned a cost based on the costs of the two blocks of
the previous layer, a block of each layer being comprised of
one of the elements according to cost, or a group of the
elements according to cost; the last layer having a single
block comprising a plurality of elements; shaping gain being
achieved by only mapping to a subset of the elements of the
last layer.
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In some embodiments the cost assigned to each constella-
tion point is its energy.

In some embodiments, at least some of the layers blocks
are simply reordered combined blocks of a previous layer.

In some embodiments, for layers in which blocks are
groups of re-ordered combined blocks of a previous layer, all
groups are the same size.

In some embodiments, in at least one layer in which blocks
are groups of re-ordered combined blocks of a previous layer,
the groups have different sizes.

The method may further involve performing addressing by
applying a first subset of a set of input bits to identify an
element in the block of the highest layer; applying subsequent
subsets of the set of input bits to identify blocks in subsequent
layers, with a particular shaping partition being identified in
the first layer; at the first layer, applying a final subset of input
bits to identify a particular signal constellation point within
the particular shaping partition identified in the first layer.

In some embodiments, Huffman tree based addressing is
employed. In other embodiments, fixed tree based addressing
is employed.

In some embodiments, a 256 point constellation is
employed, there are 16 layer one partitions each comprising
16 constellation points, there are 8 layer two blocks each
containing 16 elements, there are 4 layer 3 blocks each con-
taining 8 elements, the 8 elements having sizes {16, 16, 32,
32,32,32,32, 64}, there are 2 layer 4 blocks each containing
64 elements, and there is one layer 5 block containing 4096
elements.

In some embodiments, the input bits comprise a plurality of
data bits and at least one dummy bit, and the method further
involves repeating the method of 16 for each permutation of
values of the at least one dummy bit.

In some embodiments, the method is repeated for each of a
plurality of signal constellations to generate a respective plu-
rality of shaped outputs for each signal constellation. Peak
average power reduction is then performed by appropriate
selection of a single shaped output from each respective plu-
rality of shaped outputs.

At the receiver 82 of FIG. 4, the decoding of the turbo
encoded bits proceeds as in previous examples to produce a
sequence of co-sets which is input to a constellation soft
de-mapping of the remaining L, bits. The soft values output
by the soft de-mapping step are input to a channel decoder
which decodes the rate R, code. This outputs an L' bit chan-
nel decoded stream which is then input to an inverse address-
ing block 110 which performs the opposite operation of the
constellation shaping block 113 to produce the L, bit stream
which is input to the bit multiplexer 112 together with the K,
bit turbo decoded stream.

FIG. 5 shows a very simple example of how mapping may
be employed using the structure of FIG. 4. In this embodi-
ment, we have a 16 PAM constellation, and the 16 PAM
constellation points are shown lined up, generally indicated at
500. A 16 PAM constellation point can represent four bits.
Constellation points are selected by the combination of a two
bit coding label 502, and a two bit shaping label 504.

There are four shaping labels 00, 01, 10, 11. The first
shaping label 00 is applied to the four PAM constellation
points with lowest energy, namely those in the center of the
PAM constellation. The second shaping label 01 is applied to
the four PAM constellation points with the next lowest
energy, these being the two on either side of the first four. The
third shaping label 10 is applied to the four PAM constellation
points with the next lowest energy, these being the two on
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either side ofthe second four. Finally, the last shaping label 11
is applied to the four PAM constellation points with the high-
est.

There are also only four coding labels in this example, i.e.
only four co-set identifiers, and these are labeled 00,01,10,11.
These are applied to the PAM symbols such that for each
shaping label, there is exactly one symbol have each coding
label/co-set identifier. More generally, there should be an
equal number of points from each co-set within each shaping
partition. Under this condition, it can be seen that shaping and
coding work independently where the co-set identifier oper-
ates on the constellation points within the shaping partition
selected by the shaping block. In the event there is more than
one coding label in the same shaping partition, then extra bits
employed to select between the multiple points. For example,
the same labeling scheme of FIG. 5 can be employed for a 32
PAM constellation, but an extra bit from the input is then used
to select between two PAM constellation points for each
shaping label, coding label combination. In this case, the
shaping label is used to select a particular shaping partition
and then the coding label (output by turbo encoder) is used to
select a co-set within that shaping partition, and in the event
there is still ambiguity, the extra bits (which may also be
considered part of the shaping label) are used to select the
final point.

FIGS. 2A, 3 and 4 include various functionalities at the
receiver for recovering the transmitted information. It is to be
understood that many different receiver structures may be
used to recover the information encoded using the encoding
techniques shown in FIGS. 2A, 3 and 4.

In one embodiment, where shaping followed by channel
encoding was employed at the transmitter, the probability
values are computed for all the bits (systematic as well as
parities) of the Turbo coded bits. The resulting probabilities
are then mixed with the conditional probability of points
within the co-sets using Bayes formula. Then, the probabili-
ties of points are properly added to compute the probabilities
of bits for the channel stream. The resulting probabilities are
then passed to a soft decision decoder for the channel code
acting within the co-sets. Finally, the resulting decoded bits
are passed to an inverse shaping block to recover the shaping
bits.

In one embodiment, where shaping followed by channel
encoding was employed at the transmitter, the probability
values are computed for all the bits (systematic as well as
parities) of the Turbo codes bits. The resulting probabilities
are then mixed with the conditional probability of points
within the co-sets using Bayes formula. Then, the probabili-
ties of points are properly added to compute the probabilities
of'bits for the channel coded stream. The resulting probabili-
ties are then passed to a soft output decoder for the channel
code acting within the co-sets. Finally, the resulting bit prob-
abilities are passed to an inverse shaping block which in this
case is a finite state system used to perform maximum likeli-
hood decoding of the shaping bits. This finite state system is
the same as the finite state system used to perform the
addressing.

In one embodiment, where shaping followed by channel
encoding was employed at the transmitter, the probability
values are computed for all the bits (systematic as well as
parities) of the Turbo coded bits. The resulting probabilities
are then mixed with the conditional probability of points
within the co-set using Bayes formula. Then, the probabilities
of points are properly added to compute the probabilities of
bits for the channel coded stream. The resulting probabilities
are then passed to a soft output decoder for the channel code
acting within the co-sets. Finally, the resulting bit probabili-
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ties are passed to an inverse shaping block which in this case
is a finite state system used to perform soft output decoding of
the shaping bits. This finite state system is the same as the
finite state system used to perform the addressing. It is also
possible to have an iterative decoding between different soft
output decoders.

Numerous modifications and variations of the present
invention are possible in light of the above teachings. It is
therefore to be understood that within the scope of the
appended claims, the invention may be practised otherwise
than as specifically described herein.

We claim:

1. A method of encoding a stream of data elements com-
prising:

splitting the stream of data elements into a first stream and

a second stream;

encoding the first stream using symbol-based Turbo-en-

coding to produce a first encoded stream;

performing a constellation mapping using a combination

of the first encoded stream and a third stream which is
based on the second stream;

encoding the second stream to produce the third stream

using relatively weak encoding compared to that used in

encoding the first stream, the method further compris-

ing:

defining a signal constellation comprising a plurality of
constellation points;

defining a plurality of co-sets within the plurality of
constellation points such that a minimum distance
between constellation points within each co-set is
larger than a minimum distance between any constel-
lation points within the signal constellation;

performing said constellation mapping by using the first
encoded stream to identify a sequence of co-sets of
said plurality of co-sets, and by using the third stream
to identify a sequence of constellation points within
respective co-sets of the sequence of co-sets identified
by said first encoded stream.

2. A method according to claim 1 wherein said constella-
tion mapping performs a Gray mapping in mapping the third
stream.

3. A method according to claim 2 wherein the third stream
is identical to the second stream.

4. A method according to claim 2 wherein:

the constellation mapping uses the data elements of the first

encoded stream for least significant bits of the constel-
lation mapping and the constellation mapping uses the
data elements of the third stream for most significant bits
of the constellation mapping.

5. A method according to claim 1 further comprising:

performing shaping and said second encoding on the sec-

ond stream to produce the third stream.

6. A method according to claim 5 wherein the shaping is
performed using a Huffman tree based addressing scheme to
get a substantially Gaussian amplitude distribution.

7. A method according to claim 5 wherein performing
constellation shaping for a given signal constellation com-
prising a plurality of constellation points comprises:

associating a cost with each of the plurality of constellation

points;

defining a hierarchy of blocks, the hierarchy having a plu-

rality of layers comprising at least a first layer and a last
layer, each layer having fewer blocks than each previous
layer;

wherein the first layer is formed by ordering all of the

constellation points according to cost, and then assign-
ing a first lowest cost group of constellation points to a
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first shaping partition, a second lowest cost group of
constellation points to a second shaping partition, and so
on until a highest cost group of constellation points
assigned to a last shaping partition, each shaping parti-
tion being assigned a cost based on the costs of the
constellation points in the shaping partition, each shap-
ing partition being a first layer block;

wherein an element in each other layer is formed by com-
bining two blocks of a previous layer and is assigned a
cost based on the costs of the two blocks of the previous
layer, a block of each layer being comprised of one of the
elements according to cost, or a group of the elements
according to cost;

the last layer having a single block comprising a plurality
of elements;

shaping gain being achieved by only mapping to a subset of
the elements of the last layer.

8. A method according to claim 1 wherein labels of con-

stellation points within each co-set are Gray mapped.

9. A method according to claim 1 wherein the constellation
mapping uses the data elements of the first encoded stream for
least significant bits of the constellation mapping and the
constellation mapping uses the data elements of the third
stream for most significant bits of the constellation mapping.

10. A method according to claim 1 wherein the plurality of
constellation points comprises a regular array, and wherein
each co-set comprises a respective set of equally spaced
points within the regular array.

11. A transmitter comprising:

a de-multiplexer adapted to split an input stream into a first

stream and a second stream;

a first encoder adapted to encode the first stream using
symbol-based Turbo-encoding to produce a first
encoded stream;

a second encoder adapted to encode a second stream to
produce a third stream using relatively weak encoding
compared to that used in the first encoder;

a constellation mapper adapted to perform constellation
mapping using a combination of the first encoded stream
and the third stream which is based on the second
stream, wherein:

the constellation mapper is adapted to map to a signal
constellation comprising a plurality of constellation
points within which is defined a plurality of co-sets such
that a minimum distance between constellation points
within each co-set is larger than a minimum distance
between any constellation points within the signal con-
stellation;

the constellation mapper is adapted to use the first encoded
stream to identify a sequence of co-sets of said plurality
of co-sets; and

the constellation mapper is adapted to use the third stream
to identify a sequence of constellation points within
respective co-sets of the sequence of co-sets identified
by said first encoded stream.

12. A transmitter according to claim 11 wherein the con-
stellation mapper performs Gray mapping in mapping the
third stream.

13. A transmitter according to claim 11 wherein the third
stream is identical to the second stream.

14. A transmitter according to claim 11 further comprising:

a shaper, the shaper and the second encoder adapted to
perform shaping and encoding on the second stream to
produce the third stream.
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15. A transmitter according to claim 14 wherein the shaper
is adapted to perform constellation shaping for a given signal
constellation comprising a plurality of constellation points
by:

associating a cost with each of the plurality of constellation

points;

defining a hierarchy of blocks, the hierarchy having a plu-

rality of layers comprising at least a first layer and a last
layer, each layer having fewer blocks than each previous
layer;

wherein the first layer is formed by ordering all of the

constellation points according to cost, and then assign-
ing a first lowest cost group of constellation points to a
first shaping partition, a second lowest cost group of
constellation points to a second shaping partition, and so
on until a highest cost group of constellation points
assigned to a last shaping partition, each shaping parti-
tion being assigned a cost based on the costs of the
constellation points in the shaping partition, each shap-
ing partition being a first layer block;

wherein an element in each other layer is formed by com-

bining two blocks of a previous layer and is assigned a
cost based on the costs of the two blocks of the previous
layer, ablock of each layer being comprised of one of the
elements according to cost, or a group of the elements
according to cost;

the last layer having a single block comprising a plurality

of elements;

shaping gain being achieved by only mapping to a subset of

the elements of the last layer.
16. A transmitter according to claim 11 wherein the con-
stellation mapper uses the data elements of the first encoded
stream for least significant bits of the constellation mapping
and the constellation mapper uses the data elements of the
third stream for most significant bits of the constellation
mapping.
17. A transmitter according to claim 11 wherein the plu-
rality of constellation points comprises a rectangular array,
and wherein each co-set comprises a respective set of equally
spaced points within the rectangular array.
18. A method of encoding a stream of data elements com-
prising:
splitting the stream of data elements into a first stream and
a second stream;

encoding the first stream using Turbo-encoding to produce
a first encoded stream;

performing a constellation mapping using a combination
of the first encoded stream and a third stream which is
based on the second stream;

encoding the second stream to produce the third stream

using relatively weak encoding compared to that used in

encoding the first stream, the method further compris-

ing:

defining a signal constellation comprising a plurality of
constellation points;

defining a plurality of co-sets within the plurality of
constellation points such that a minimum distance
between constellation points within each co-set is
larger than a minimum distance between any constel-
lation points within the signal constellation;

performing said constellation mapping by using the first
encoded stream to identify a sequence of co-sets of
said plurality of co-sets, and by using the third stream
to identify a sequence of constellation points within
respective co-sets of the sequence of co-sets identified
by said first encoded stream.
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19. A method according to claim 18 wherein labels of
constellation points within each co-set are Gray mapped.

20. A method according to claim 18 wherein the constel-
lation mapping uses the data elements of the first encoded
stream for least significant bits of the constellation mapping
and the constellation mapping uses the data elements of the
third stream for most significant bits of the constellation
mapping.

21. A method according to claim 18 wherein the plurality
of constellation points comprises a regular array, and wherein
each co-set comprises a respective set of equally spaced
points within the regular array.

22. A method according to claim 18 wherein said constel-
lation mapping performs a Gray mapping in mapping the
third stream.

23. A method according to claim 22 wherein the third
stream is identical to the second stream.

24. A method according to claim 22 wherein:

the constellation mapping uses the data elements of the first

encoded stream for least significant bits of the constel-
lation mapping and the constellation mapping uses the
data elements of the third stream for most significant bits
of the constellation mapping.

25. A method according to claim 18 further comprising:

performing shaping and said second encoding on the sec-

ond stream to produce the third stream.

26. A method according to claim 25 wherein the shaping is
performed using a Huffman tree based addressing scheme to
get a substantially Gaussian amplitude distribution.

27. A method according to claim 25 wherein performing
constellation shaping for a given signal constellation com-
prising a plurality of constellation points comprises:

associating a cost with each of the plurality of constellation

points;

defining a hierarchy of blocks, the hierarchy having a plu-

rality of layers comprising at least a first layer and a last
layer, each layer having fewer blocks than each previous
layer;

wherein the first layer is formed by ordering all of the

constellation points according to cost, and then assign-
ing a first lowest cost group of constellation points to a
first shaping partition, a second lowest cost group of
constellation points to a second shaping partition, and so
on until a highest cost group of constellation points
assigned to a last shaping partition, each shaping parti-
tion being assigned a cost based on the costs of the
constellation points in the shaping partition, each shap-
ing partition being a first layer block;

wherein an element in each other layer is formed by com-

bining two blocks of a previous layer and is assigned a
cost based on the costs of the two blocks of the previous
layer, a block of each layer being comprised of one of the
elements according to cost, or a group of the elements
according to cost;

the last layer having a single block comprising a plurality

of elements;

shaping gain being achieved by only mapping to a subset of

the elements of the last layer.

28. A transmitter comprising:

a de-multiplexer adapted to split an input stream into a first

stream and a second stream;
a first encoder adapted to encode the first stream using
Turbo-encoding to produce a first encoded stream;

a second encoder adapted to encode a second stream to
produce a third stream using relatively weak encoding
compared to that used in the first encoder;
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a constellation mapper adapted to perform constellation
mapping using a combination of the first encoded stream
and the third stream which is based on the second
stream, wherein:

the constellation mapper is adapted to map to a signal
constellation comprising a plurality of constellation
points within which is defined a plurality of co-sets such
that a minimum distance between constellation points
within each co-set is larger than a minimum distance
between any constellation points within the signal con-
stellation;

the constellation mapper is adapted to use the first encoded
stream to identify a sequence of co-sets of said plurality
of co-sets; and

the constellation mapper is adapted to use the third stream
to identify a sequence of constellation points within
respective co-sets of the sequence of co-sets identified
by said first encoded stream.

29. A transmitter according to claim 28 wherein the con-
stellation mapper performs Gray mapping in mapping the
third stream.

30. A transmitter according to claim 28 further comprising:

a shaper, the shaper and the second encoder adapted to
perform shaping and encoding on the second stream to
produce the third stream.

31. A transmitter according to claim 30 wherein the shaper
is adapted to perform constellation shaping for a given signal
constellation comprising a plurality of constellation points
by:

associating a cost with each of the plurality of constellation
points;

defining a hierarchy of blocks, the hierarchy having a plu-
rality of layers comprising at least a first layer and a last
layer, each layer having fewer blocks than each previous
layer;

wherein the first layer is formed by ordering all of the
constellation points according to cost, and then assign-
ing a first lowest cost group of constellation points to a
first shaping partition, a second lowest cost group of
constellation points to a second shaping partition, and so
on until a highest cost group of constellation points
assigned to a last shaping partition, each shaping parti-
tion being assigned a cost based on the costs of the
constellation points in the shaping partition, each shap-
ing partition being a first layer block;

wherein an element in each other layer is formed by com-
bining two blocks of a previous layer and is assigned a
cost based on the costs of the two blocks of the previous
layer, ablock of each layer being comprised of one of the
elements according to cost, or a group of the elements
according to cost;
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the last layer having a single block comprising a plurality
of elements;

shaping gain being achieved by only mapping to a subset of
the elements of the last layer.

32. A method of encoding a stream of data elements com-

prising:

splitting the stream of data elements into a first stream and
a second stream;
encoding the first stream using symbol-based Turbo-en-
coding to produce a first encoded stream;
performing a constellation mapping using a combination
of the first encoded stream and a third stream which is
based on the second stream:;
encoding the second stream to produce the third stream
using relatively weak encoding compared to that used in
encoding the first stream, the method further compris-
ing:
performing shaping and said second encoding on the sec-
ond stream to produce the third stream;
wherein performing constellation shaping for a given sig-
nal constellation comprising a plurality of constellation
points comprises:
associating a cost with each of the plurality of constel-
lation points;
defining a hierarchy of blocks, the hierarchy having a
plurality of layers comprising at least a first layer and
a last layer, each layer having fewer blocks than each
previous layer;
wherein the first layer is formed by ordering all of the
constellation points according to cost, and then
assigning a first lowest cost group of constellation
points to a first shaping partition, a second lowest cost
group of constellation points to a second shaping par-
tition, and so on until a highest cost group of constel-
lation points assigned to a last shaping partition, each
shaping partition being assigned a cost based on the
costs of the constellation points in the shaping parti-
tion, each shaping partition being a first layer block;
wherein an element in each other layer is formed by
combining two blocks of a previous layer and is
assigned a cost based on the costs of the two blocks of
the previous layer, a block of each layer being com-
prised of one of the elements according to cost, or a
group of the elements according to cost;
the last layer having a single block comprising a plural-
ity of elements;
shaping gain being achieved by only mapping to a subset
of the elements of the last layer.



