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In addition to the usual character table
,

there's also
the

"

Kostka character table
"

gianby dink .
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This information can be packaged as symmetric functions .

Def We  call a polynomial fe¢[× , ,
-

-

,
XD symmetric  if  it  is invariant

under the Symmetric group Sn
,

i. e FCK
,  

.
-

- Mn ) =f( Xu . ) ,
.  - - ,X# a) ) &

any permutation it
. Let Symn=¢[X , ,

.  - . ,XDs?

That The ring of symmetric polynomials is isomorphic to
a polynomial ring

in the llerentary symmetric polynomials eklk , .  - - Nn ) ;,§÷<n×i ,

" ' ' ×ik .

¢[X, ,,k]£=¢[ X
, -1k

,
XXD . ¢[X , ,¥,XD=¢(×' tktxs

,
xixztxzxstxixs , x. XD

.

Specialization
xk=oinduces

a mapSymk →Synkthat sends en( x
, , ... ,

#' → enlx , ,
.  . - ,Xk . , ) .

Note e# ( x
, ,

... ,×k)0 if  n > K
.

IF The symmetrical ns are the graded inverse limit

fig Symn =¢[e
, ,ez,e$,  

.
- - . .

]

Ref
The Fobeniucharaoteristicn of a nep

V of Sn  is the formal sum

Fµ)= E dinvscx
,
"xE . -

( C
, ,

. . -

, Cia
,

- -

\

2ci=n

For example ,
FC D) =

X. + Xztxst -
- - =e

,

FAF)= xxztxxztxzxst .  - - - . ez FID ) = xx'¥z×¥lx5+¥xs+ ...

Prof The FC's FCV ) of any rep is a symmetric function
,

and the

Flva ) for 7th are a basis of degree n symmetric functions .

Def The Schur function of a partition X is
-

so =fwx).=§K( x. e) at


