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Abstract—The intermittency of renewable energy makes the control of
islanded microgrids (MGs) more difficult than that of the grid-connected
mode. In conventional methods, the controller is designed to regulate
the system frequency and voltage only based on the droop control
theory. Consequently, the system frequency and voltage regulation are
mostly provided by the fast response distributed generators (DGs), e.g.
energy storage systems (ESSs). This controller design will reduce the
availability of DGs with lower droop gains for future dispatches. The
main novelty of this paper relies on proposing an intelligent power
sharing (IPS) approach to regulate the system frequency and voltage
based on DGs’ operating power capabilities and their droop control
gains. The communication infrastructure is involved in the proposed
IPS to diminish the dependency on fast response DGs. Moreover, the
IPS is equipped with an adaptive virtual impedance to reduce the
impact of coupling between the active and reactive power on the voltage
regulation. The performance of the controller is evaluated through
different simulation studies based on a 14-bus CIGRE test system.
Time-domain simulations prove the effectiveness of the IPS approach in
achieving acceptable frequency and voltage regulation along with high
power sharing accuracy. Also, a small-perturbation stability analysis is
developed to study the IPS control robustness under different scenarios.

Index Terms—Islanded microgrid, intelligent power sharing, stability,
frequency/voltage control.

NOMENCLATURE

Indices and Superscripts
i, j, g DG assets
b Bus asset
l Line signal
o Output signal
p Power controller
v Voltage controller
c Current controller
lcl LCL filters
SG SG
INV Inverter unit
Ld Load superscript
Ln Line superscript

Sets
G DG
N Bus

Parameters
nG Number of DGs
nLd Number of loads
nLn Number of lines
ω0 Reference frequency of the system (rad/s)
ωn Nominal frequency of the system (rad/s)
ωss Steady-state frequency of the system (rad/s)
ωc Cut-off frequency of LCL filter (rad/s)
ωcom Common frame frequency of inverter (rad/s)
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s, ω Laplace variable
∆ω Frequency change (rad/s)
Pi Output active power output of DG i (kW )
Qi Output reactive power output of DG i (kW )
Pi/Pi Maximum/Minimum output active power of DG i

(kW )
Qi/Qi Maximum/Minimum output reactive power of DG i

(kV Ar)
PL Load power (kW )
Kt, Tt Turbine gain and time constant of SG (s)
Kg, Tg Governor gain and time constant of SG (s)
Ks, Ts Sensor gain and time constant of SG (s)
Ke, Te Exciter gain and time constant of SG (s)
KA, TA AVR gain and time constant of SG (s)
H Inertia constant (J/kV A)
vo,dq Output voltage in dq−axis (V )
io,dq Output current in dq−axis (A)
il,dq Current flowing the coupling inductor in dq−axis (A)
Wf Weighted adjacency matrix of frequency control
Wv Weighted adjacency matrix of voltage control
Ki Frequency IPS gain DG i
κi Voltage IPS gain DG i
Kf
i,tr Frequency-transient IPS coefficient of DG i

Kv
i,tr Voltage-transient IPS coefficient of DG i

βi V-Q compromise IPS gain of DG i
mpi Frequency droop value of DG i (Hz/kW )
npi Voltage droop value of DG i (V/kV Ar)
Sv Slack variable of voltage integration (V )
x State variable
ux, uy Input vector of state-space model
rv Resistance of virtual impedance (Ω)
Lv Inductance of virtual impedance (H)
Zv Virtual impedance (Ω)
zij Impedance of line between node i and j (Ω)
yij Admittance of line between node i and j (Ω)
φij Phase of Impedance zij (rad)
θi Phase voltage of bus connected to DG i (rad)
fzv Virtual impedance sensitivity function
RN Virtual resistor matrix in stability analysis (Ω)
υ, γ State variable of current/voltage controller in inverter
Sλ Stability sensitivity index
Sm Stability margin index
Ψj Stability margin of controller j
MG Adjacency matrix of DGs to nodes
MLd Adjacency matrix of loads to nodes
MLn Adjacency matrix of MG network to nodes
tset Settling time (s)

I. INTRODUCTION

DUE to economic problems and technical issues in electric power
grids, macro-beneficiaries are driving the energy sector towards

the introduction of smart grids [1]. Within a smart grid, a microgrid
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(MG) is a low-voltage distribution network consisting of a variety
of distributed generators (DGs), energy storage systems (ESSs), and
both controllable and uncontrollable loads, and operates in 1) grid-
connected and 2) islanded modes [2]. The power sharing approach in
islanded MGs is more challenging than that of grid-connected mode
because of the low inertia feature of MGs and capacity limitations of
DGs. Due to the dynamics of renewable resources and load variations,
an imbalance between supply and demand causes frequency and
voltage deviations [3]. Mismatched power can be balanced by power
sharing, which mainly affects a) MG stability margins, b) frequency
and voltage restoration, c) the operating power capability of DGs [4],
and d) optimal operation of MGs [5]. The existing power sharing
approaches involve either a) droop power sharing control or b)
isochronous power sharing control.

A. Literature Survey

In droop power sharing, DGs mimic the behavior of synchronous
generators (SGs) in conventional power systems and share the power
mismatch in proportion to their droop values. Most recent studies
have examined approaches such as conventional power-frequency (P-
f) [6], transient control [7], load-angle [8], and resonance-based droop
controllers [9]. All these methods are built on top of the conventional
droop control mechanisms, which damp oscillatory modes of power
sharing controllers and reduce the steady-state frequency and voltage
errors. However, with an increase in the span of islanded MG
operation, it is imperative to regulate frequency and voltage of MG
not only stably, but also optimally [10]. These approaches result
in MG instability when the droop values of DGs are increased to
share the mismatched power among the DGs. In the special cases,
increasing the operating power in DGs is not possible anymore when
they reach their rated power. Hence, the choice of droop coefficients
has a significant impact on frequency and voltage limit as well as
power sharing accuracy [11]. In contrast to the limitations of droop
control, isochronous power sharing methods provide zero steady-state
frequency and voltage errors. They share the active and reactive power
according to DGs rated power. Although isochronous power sharing
approaches address the challenge of MG instability, they suffer
from slow power sharing control, causing improper frequency and
voltage regulation [12]. To overcome these problems, the dynamic
droop controller adaptively changes the droop gain to handle the
increase in frequency deviation. Due to the high penetration of
SGs in islanded MGs, which have relatively big inertia constant,
dynamic droop controller can not maintain the stability, especially
in subject to large disturbances [13]. Some studies deal with these
issues by introducing a supplementary loop and diffusive averag-
ing variables that promote fast and smooth frequency regulation.
Diffusive averaging algorithms integrate proportional and integral
diffusive variables into conventional models. These algorithms utilize
the communication infrastructure in the primary control level to
regulate the frequency precisely [14]. However, these approaches
cannot share power uniformly among DGs while still maintaining
MG stability. Besides, a supplementary loop has been introduced to
regulate the MG frequency by adding the virtual inertia to MGs.
However, this method is restricted by the speed/power rating and
recovery period of generators/turbines [15]. Further challenges arise
from the compromise between voltage regulation and reactive power
sharing. In the low voltage MGs, line inductance value is considerably
small with resistive cable behavior and normally has a low X/R ratio
[16]. Decoupling between the active and reactive power is performed
by the compensation of line impedance connected to DGs [17].
The virtual impedance loop as a potential solution performs in MGs
with mismatched inductive/resistive feeder impedance, to enhance

Fig. 1. Low-detail configuration of an MG with communication network.

the power sharing accuracy. The focus has been on the mismatch in
the output impedances of the closed-loop controlled inverters. This
compensation performs properly for a single generator connected
to the power common coupling bus but does not work if there are
multiple generators. To address this issue, various approaches have
been introduced, such as inductive virtual impedance [18], virtual
impedance adapted to the sensitivity factor of active power/reactive
power [19], and virtual impedance calculated by injection of a small
AC voltage signal to a common bus [20]. These approaches result
in accurate power sharing if knowledge of the feeder impedances is
available for different operating load changes. However, load changes
during or between the compensation periods lead to poor power
sharing [21]. As the summary, the design of a new power sharing
approach is necessary to overcome the drawbacks mentioned above.

B. Contributions and Paper Outline

The objective of this paper is to determine an intelligent power
sharing (IPS) approach that allows for dispatching the active and
reactive power among DGs based on their droop control gains
and operating power capabilities. The IPS approach is designed to
improve the frequency and voltage regulation. A small-perturbation
stability analysis is developed to determine the required conditions for
the proposed controller gains. Specifically, the proposed IPS approach
offers the following novelties:
1) Accurate active and reactive power sharing of DGs based on their
droop values and operating power capabilities which improves the
life-cycle of fast-acting dispatchable units;
2) Robust performance under rapid load/renewable energy variations
while maintaining the MG frequency and voltage stability;
3) A Dynamic compromise between voltage regulation and accurate
reactive power sharing among DGs;
4) An adaptive virtual impedance to mitigate the impact of coupling
between active and reactive power on the voltage regulation.
The remainder of this paper is organized as follows. Section II
describes the system model. Section III presents the proposed power
sharing model for islanded MGs. The stability analysis is presented
in Section IV. Numerical results are given in Section V. Section VI
concludes this research work.

II. SYSTEM MODEL AND PROBLEM DESCRIPTION

Consider an islanded MG over a distribution network consisting
of a cluster of DGs i := {1, 2, ..., nG}, loads Ld := {l1, l2, ..., lnLd

},
connected together within an AC link. Fig. 1 depicts that local
controllers (LCs) of DGs are in charge of controlling the frequency
and voltage as well as ensuring a reliable and stable operation.

These LCs are modeled as a architecture that does not need a
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main grid central controller (MGCC) [22]. Any change in DG power
variable and/or net electrical power demand, represented as total
power variation, results in a frequency change. In the frequency con-
trol, DGs and controllable loads change their generation/consumption
power using droop theory. LCs are designed to allow the steady-
state frequency to drop below the nominal value when the load
increases or the power generation of non-controllable units decreases.
This frequency drop is modeled as speed regulation or droop value.
Hence, DGs can change their reference set points (P0) to contribute
to the frequency control (called P-f droop control). In the voltage
control, the reactive power sharing among different DGs is achieved
through the control of DG output voltage magnitude. Islanded MG
components are grouped into three main classes:
1-Inverter-based Generators: Most DGs, such as energy storage and
photovoltaic resources, operate as the DC generators connected to
the AC link via DC/AC inverters. The controller of each individual
inverter consists of power, voltage, and current controller modules, as
well as LCL filters. The system control is categorized into cascaded
control loops, i.e., the power control loop and the voltage/current
control loop, to ensure stable operating conditions [23]. A low-pass
filter with a cut-off frequency is used to filter the ripple components
when calculating the active and reactive power. Then, a V/f reference
generator changes the reference active/reactive power to compensate
for the possible variations of frequency and voltage in the AC link.
The conventional voltage and frequency controllers work based on
the droop slope and deviation of the active and reactive power from
their reference set points (P−P0 and Q−Q0) [11]. Under the voltage
control paradigm, the output active power and the voltage reference
set-points are fed to a current reference generator to obtain the d-
and q-axis reference current set points [12].
2-Synchronous Generators: The synchronous generators (SGs), such
as micro-turbine and diesel generators, can be directly connected
to the MG. A typical SG consists of different components, i.e.,
a governor, turbine, and AC machine. The frequency in an SG
changes subject to the difference between the driving mechanical
and developed electrical power in line with swing theory. In this
model, electric power is sensitive to frequency changes because of
the inductive behavior of AC loads. The turbine and governor are in
charge of frequency regulation [11]. A similar convention is applied
to regulate the voltage by sensor, exciter, automatic voltage regulator,
and stator/rotor of SG.
3-Frequency-Voltage Dependent Load: The loads in MGs are typi-
cally modeled by a voltage-dependent equation and can be viewed
as equivalent to a ZIP load. According to the load voltage-dependent
model presented in [8], the loads operate at their nominal voltage
prior to any voltage change ∆V , and thus load change ∆PL =
((1+∆V )1.5−1)PL0, where PL0 is the active power under nominal
operating condition [25]. In general, the voltage change is very much
dependent on load characteristics. The relation between changes in
voltage and frequency can be derived from [8] as ∆V = (−2∆ω ×
H/(ω0PL0)+1)0.6−1. A comprehensive study is carried out to model
frequency-voltage dependent loads that proves these equations [26].
Note that a generator with a higher droop control value contributes
less in compensating for load perturbations in the MG. Care should
be taken to tune the droop controller so as to avoid making the DGs
generate power close to their full-load rating. As an illustration, Fig. 2
shows the uniform active/reactive power sharing to regulate frequency
and voltage with two DGs. Under the conventional power sharing
paradigm, active power of DG2 reaches the maximum value (PDG2

)
which is unrealistic. In addition, the application of uniform voltage-
regulating ensures that both DG voltage magnitudes are restored
to a common steady-state voltage (V 1

0 ). However, different reactive
power injections and line impedance effects cause bus voltages to

Fig. 2. Conventional secondary controller for (a) active (b) reactive power sharing
before/after shifting process (SP).

Fig. 3. Frequency adjacency matrix and corresponding graph for four DGs.

deviate from the common value. It is concluded that an ideal power
sharing controller should allow for a tuneable compromise between
the frequency/voltage regulation speed and DG operating power
capability. It should also keep the voltage between upper and lower
limits, while maintaining accurate reactive power sharing.

III. INTELLIGENT POWER SHARING CONTROLLER

The intelligent power sharing (IPS) controller relies on the commu-
nication network to propagate DGs parameter information including
operating and rated power and droop controller gain. This controller
leads to the proper frequency and voltage regulation, accurate active
power sharing, and tuneable trade-off between voltage regulation and
reactive power sharing. This architecture aims to reduce the steady-
state frequency and voltage errors with the introduction of control
signals. The communication structure among the DGs is described
by a weighted frequency adjacency matrix ([Wf ]) in the order of
nG × nG with elements aij = aji. For instance, if two frequency-
controllable units, i and j, are connected, arrays of adjacency matrix
are aij = −âij = −1. The same convention is applied to voltage
adjacency matrix ([Wv]), where LCs in charge of reactive power
sharing communicate together to maintain the voltage regulation. The
voltage adjacency matrix can be different from frequency one due to
the characteristics of DGs in power sharing. The IPS control relies on
the control signals to unevenly shift the P-f and Q-V droop curves
to achieve better power sharing among DGs. This uneven shifting
process requires that neighbouring DG units exchange information
to act secondary control. Observe in Fig. 4 that the uneven shifting
approach shares the uniform active and reactive power to maintain
both frequency/voltage regulation speed and DG operating power
capability.
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Fig. 4. Uneven SP for (a) active (b) reactive power sharing.

A. Power Flow Constraints

Define impedances zij = |zij |∠−φij for angles φij ∈ [−π/2, π/2]
for all {ij} ∈ N , admittance matrix Y with elements yij = yji =
−1/zij for i 6= j, and yii =

∑
j∈G 1/zij . Each bus is associated

with an electrical injection Se,i = Pe,i + jQe,i, and voltage phasor
Vi∠θi with Vi > 0. The active and reactive nodal power injections
are given by

Pe,i(θi) + jQe,i(θi) =
∑
j∈G

YijViVje
(φij−θi−θj) (1)

It is noteworthy to mention that the conventional Newton Raphson
method has certain issues such as lack of slack bus, sparse admittance
matrix in the case of inverter-based MG, and the inconsistency of
voltage and frequency due to droop characteristics. Hence, the IPS
approach uses the modified Newton Raphson (MNR) with taking
account the droop characteristics of DGs. The theory behind of MNR
is the consideration of a mismatch power matrix and corresponding
Jacobian matrix in an iteration process. This algorithm aims to
converge the mismatch power matrix to zero [24].

B. IPS Control for Frequency Regulation

The control signal achieved from the frequency change (∆ω)
aims to reduce the steady-state error and shifts the droop curve.
As illustrated in Fig. 5, [K] is a diagonal matrix illustrating the
fraction of contribution in the frequency control based on DG power
generation capability and droop values (mpi > 0), given by

kii =
(P i − Pe,i)/mpi∑
j∈G(P j − Pe,j)/mpj

, i ∈ G. (2)

The LCs communicate with each other by frequency adjacency matrix
to improve the MG stability by having the same control signal,
(Kf

trsI + [Wf ])−1∆ω(s), for all committed DGs. This correction is
to shift all droop control curves by a coefficient based on ωn−ωss, for
the desired active power sharing. In addition, a frequency-transient
coefficient is added to the control variable in order to adjust the speed
of frequency restoration. For instance, a smaller Kf

tr corresponds to
a slower transient frequency response. Updating the IPS frequency
controller gain achieves the active power sharing among DGs, with
consideration of frequency regulation speed (1/mpi) and DG operat-
ing power capability (P i − Pe,i).

Fig. 5. The diagram of frequency controller in the IPS control with limits on active
power change (∆Pmin,∆Pmax).

Fig. 6. The schematic of voltage-regulating IPS control bounded by reactive power
changes (∆Qmin,∆Qmax).

C. IPS Control for Voltage Regulation

The IPS controller is to achieve a trade-off between reactive power
sharing and voltage regulation. As illustrated in Fig. 6, each DG
generates reactive power is the proportional to its rated reactive
power. It regulates the voltage based on a control signal, which
consists of the voltage error (Vdi − Vd0) and reactive power sharing
of DGs. To make a trade-off between the output voltage and reactive
power sharing, voltage regulating controller uses the information of
(Qi/Qi − Qj/Qj) and a Q-V compromise coefficient matrix [β].
Similar to frequency consensus, a diagonal matrix [κ] is defined as
the fraction of DG contribution in the voltage regulation based on
operating reactive power capability and voltage droop value, npi > 0,
given by

κii =
(Qi −Qe,i)/npi∑
j∈G(Qj −Qe,j)/npj

, i ∈ G. (3)

To adjust the speed of MG voltage response, a voltage-transient
coefficient is added to the IPS model. In addition, the voltage
regulation and reactive power sharing are compromised by a V-Q
gain to achieve a common bus voltage and semi-equal reactive power
sharing. This tuning process sets up a leader-follower relationship
among DGs, where the equal voltages at DGs cause the improper
difference of reactive power values. As depicted in Fig. 4(b), the V-
Q compromise gain allows the voltage to deviate from the nominal
value to share semi-equal reactive power values (Note that semi-equal
signals xi mean that xi ≈ xj , i 6= j). Note that β = 0 eliminates the
voltage regulation and β = 1 provides a highly voltage-regulating
controller.

D. IPS Consensus for Virtual Impedance

The feeder impedance mismatch on the reactive power sharing
causes the voltage drop across the line connected to DGs. Hence, this
voltage drop deviates the output voltage from the nominal value. So
as to ensure proper voltage regulation/stability, the virtual impedance
is installed on DG terminal [19]. The virtual impedance damps the
MG oscillations and decouples active and reactive power sharing
with no power losses and efficiency degradation. As illustrated in
Fig. 7, the proposed virtual impedance compensates the voltage drop
across the feeder impedance with the active and reactive reference
power P and Q of generator. The virtual resistance and reactance
are implemented in dq-frame where ∆vd and ∆vq represent the
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Fig. 7. Adaptive virtual impendance in IPS scheme.

voltage drop across the feeder impedance in both frames. The virtual
impedance sensitivity function, fsv , converts the inputs of deviation
over calculated virtual resistance and inductance to smooth virtual
impedance. This function is obtained from a sensitivity analysis of
bus voltage with respect to the virtual impedance deviations [19].
The resistance and inductance changes are limited by the constraints
of [∆Rminv ,∆Rmaxv ] and [∆Lminv ,∆Lmaxv ], respectively.

IV. IMPACT OF IPS ON SMALL-PERTURBATION STABILITY

Small-perturbation model is carried out using eigenvalue analysis
with linearizing the islanded MG. Although this approach is only
valid around the operating point, it presents the necessary condition
of MG stability. To analyze the eigenvalue study, a small-signal state-
space model of whole MG is obtained at a specific operation point.
The whole MG state-space model is divided to three state-space sub-
modules: generator, network, and load. In the following analysis, the
individual inverter and SG models are established for the IPS control
approach, and then combined to create the comprehensive generator
state-space model. Finally, the combination of generator, network,
and load state-space models obtains an MG state-space matrix.

A. State-Space Model of Individual Voltage Source Inverter

The voltage source inverter consists of power/voltage/current con-
trollers, LCL filter, and coupling inductance [27]. Define voltage and
current notations on d and q axis as follow:

xs,dq = [xs,d xs,q]
T , x ∈ {v, i}, s ∈ {o, l}. (4)

To connect an inverter to the MG, the output variables xs,qd need
to be converted to the common reference frame (DQ). The axis set
(DQ) is the common reference frame rotating at frequency ωcom,
whereas (dqi) and (dqj) are the reference frame of the ith and jth

inverters at ωi and ωj , respectively [28].
To provide a better understanding of the equation, the space-state
model is given by

[∆ẋ] = A(g)[∆x] +B(g)[∆ux] (5)

[∆y] = C(g)[∆x] + C(g)
y [∆uy], (6)

g ∈ {p, v, c, lcl, INV, SG,Ld, Ln}

where [∆y] is the output vector, and [∆x] is the state vector of
components in power/voltage/current controller in inverter, LCL
filter, and inverter/SG/load/line sub-modules. Based on the model of
the inverter presented in Section II, the state-space power controller

model for an individual inverter can be written as


∆θ̇

∆Ṗ

∆Q̇

∆Ṡv

 = [A(p)]


∆θ
∆P
∆Q
∆Sv

+ [B(p)]

∆il,dq
∆vo,dq
∆io,dq

+ [B(p)
ωcom

][∆ωcom]

(7)

[
∆ω

∆v∗o,dq

]
=

[
C

(p)
δ

C
(p)
PQ

]
∆θ
∆P
∆Q
∆Sv

 (8)

A(p) =


K −mp 0 0
0 −ωc 0 0
0 0 −ωc 0
0 0 0 0

 , C(p)
PQ =

[
0 0 −nq −κβ
0 0 0 0

]
(9)

B(p) =


0 0 0 0 0 0
0 0 ωcIo,d −ωcIo,q ωcVo,d ωcVo,q
0 0 ωcIo,q −ωcIo,d ωcVo,q ωcVo,d
0 0 1 0 0 0

 (10)

C
(p)
δ =

[
0 −mp 0 0

]
B(p)
ωcom

=
[
−1 0 0 0

]T
(11)

where Sv is used to handle the integral over the voltage magnitude.
Denote a difference between an individual inverter reference and the
common reference frames by ∆ωcom.
Generally, the PID control is used for both voltage and current
controllers to change line current magnitude flowing the coupling
inductance. This line current change affects the reference voltage of
inverter vi,dq by utilizing the slack variables γdq and υdq calculated by
the integral over reference signals from power and voltage controllers.
The virtual impedance rv+jωLv is added to the current controller to
regulate the output voltage. Under the virtual impedance paradigm,
the algebraic equations for the current controller are given by

vnewi,d = −rvil,d + ωLvil,q + voldi,d (12)

vnewi,q = −rvil,q − ωLvil,d + voldi,q . (13)

The state-space models for the voltage/current controllers and LCL
filter are given in [27]. A complete model of an individual inverter can
be achieved by combining of state-space model of power controller,
voltage/current controllers, and LCL filter. In total, there are 14 state
variables, 3 inputs, and 2 outputs in each inverter model [28]:

[∆ẋ(INV )] = [A(INV )][∆x(INV )] + [B(INV )][∆v
(INV )
b,DQ ] (14)

+ [B(INV )
ωcom

][∆ωcom][
∆ω(INV )

∆i
(INV )
o,DQ

]
=

[
C

(INV )
ω

C
(INV )
io,DQ

]
[∆x(INV )] (15)

where the state variables are defined as follows:

∆x(INV ) = [∆δ(INV ) ∆P (INV ) ∆Q(INV ) ∆S(INV )
v (16)

∆υ
(INV )
dq ∆γ

(INV )
dq ∆i

(INV )
l,dq ∆v

(INV )
o,dq ∆i

(INV )
o,dq ]T .

B. State-Space Model of Individual SG
The SG model consists of stator and rotor windings, exciter,

governor, turbine, and automatic voltage regulator which have been
modelled in Section II. The small signal state space model of SG is
given in [29], [30].

C. Complete Model of the Islanded MG
Models of all lines and loads are achieved from [27], [28].

A corresponding model of the islanded MG can be obtained by
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combining the state-space models of generators, network, and loads
through mapping matrices. These matrices connect output currents of
generators or loads to nodes. Assume the bus in the islanded MG as
a node, where generators and load exchange the current with it. To
model the output voltage of each bus, a virtual resistor is assumed
between each node and ground. This resistor is sufficiently large to
have minimum influence on the dynamic MG stability [27]. Hence,
the output voltage of the islanded MG with nG generators connected
together via nLn lines to meet the requirement of nLd loads, is given
by

[∆vb,DQ] =RN [MINV [∆io,DQ] +MSG[∆io,DQ] (17)
−MLd[∆iLd,DQ] +MLn[∆iLn,DQ]).

The complete state-space model of the islanded MG is given by ∆ẋ(G)

∆i̇Ln,DQ
∆i̇Ld,DQ

 = [A(MG)]

 ∆x(G)

∆iLn,DQ
∆iLd,DQ

 , (18)

[∆x(G)] = [∆x(INV ) ⊗∆x(SG)]

where A(MG) is given in (19). The MG stability is reflected by
the eigenvalues of the matrix A(MG), which are determined by the
characteristic equation ∆(λ):

∆(λ(k, κ)) = λI0 −A(MG), det ∆(λ(k, κ)) = 0. (20)

The eigenvalues are often referred to as modes, which reveal the dif-
ferent frequency components in the MG. Given ∆x(G), the descriptor
system is stable if all roots in (20) are in the open left-hand plane. Fig.
8 summarizes the IPS approach to share the active and reactive power
as well as maintaining the frequency and voltage regulation. The IPS
approach guarantees the MG stability with changing of the frequency
and voltage controller gains. Care should be taken to tune these
controller gains so as to ensure the overall MG stability margin more
than the minimum threshold Sm. Otherwise, the IPS approach sheds
some loads when these gains are not effective. The Sm represents
the stability margin loss/improvement due to any change in effective
parameters or loading operating point. With Ψ0 and Ψj defined as
the stability margin in base load (no change in load) and loading
condition with the change of jth controller gain, given by

Ψ = argmax
λ

R(λ(k, κ, np,mp)), Sm =
Ψj

Ψ0
× 100 %. (21)

In general, the IPS parameters are very much dependent on the
stability margin threshold. The relation between changes in IPS
parameters and the MG stability determines the number of iteration.

V. NUMERICAL RESULTS

To validate the effectiveness of the proposed IPS controller, a
modified CIGRE benchmark for a medium voltage network is imple-
mented in MATLAB/SIMULINK. A general schematic of the CIGRE
test case is shown in Fig. 9 [8]. This European medium-voltage
benchmark features total installed DG capacity and the load of 3.8
and 1.5 MVA, respectively. The MG includes three diesel-based SGs
connected to buses #1 and #3, one wind turbine (WT) in bus #11,
and one battery in bus #6. The total rating power of SGs on bus #1
is 1200 kVA, and SG on bus #3 has the maximum nominal power
1000 kVA. The WT is a three blade HW43 with the rated power
600 kW and type of the SG model. The rated wind speed of the
WT is 14.5 m/s [32]. The battery in bus #6 has a maximum power
rating of 825 kW and a capacity of 6000 kWh. It is connected to AC
link through a bidirectional voltage source inverter. The acceptable
minimum state of charge (SOC) of the battery is 600 kWh. Feeders

are connected together via 14 coupled π sections. For the purpose of
this paper, the MG is assumed as a resistance dominated network.
A detailed description of the test system and parameters is provided
in [31]. This section is organized into four studies, starting with a
characterization of the IPS control performance, and then examining
the IPS control robustness under wind fluctuations, disconnection of
DGs, and plug and play functionality.

A. Critical Eigenvalues Versus IPS Controller Parameters

Dominant eigenvalues are analyzed to evaluate the IPS impact on
MG small-perturbation stability. These eigenvalues are determined
from the procedure outlined in (19)-(20). The trajectory of dominant
eigenvalues in the IPS approach is compared with that in the
conventional droop controller (Base) under various controller gains.
Assuming that initial MG parameters are obtained from the steady-
state operating conditions in MATLAB/SIMULINK. The stability
sensitivity index is defined to evaluate the MG stability in response to
frequency and voltage controller gains [K,κ,mp, np]. Generally, this
is a manifestation of IPS robustness, which the dominant eigenvalue
λ changes according to jth controller gain xj by ∂λ/∂xj . From Table
I, it can be seen that the dominant eigenvalue is largely sensitive to
the frequency and voltage control parameters in the base approach
comparing to IPS gains. Increasing either feedback gains mp or np
to share active or reactive power results in an increasingly dominant
eigenvalue change. Observe that the IPS controller is capable of
providing the same power sharing with 50% improvement in the
stability sensitivity index.
Fig. 10 compares the impact of the controller gains in the IPS
approach, K,κ, with the base model, mp, np, on the MG transient
performance. To do this, the loads on all buses are changed in
intervals around the steady-state equilibrium. In the base approach,
the droop gains are changed to keep a uniform power sharing among
DGs. Note that DGs with lower droop gains contribute more to the
load changes. As depicted in Fig. 10, the dominant eigenvalues are
strongly associated with the frequency control dynamics, while the
overall damping of MG is dependent on eigenvalues of the voltage
controller. From Fig. 10(a), it can be seen that as mp decreases,
the dominant eigenvalue reaches a point that for further increase
in the gain the MG cannot remain in the stable region. Decreasing
mp of a single generator less than half of initial droop gain (mp0),
the dominant modes in the system are forced to the right side of
root-locus coordination. As the same convention, with continuing the
change of voltage droop gain (np), dominant eigenvalues move to
the right side of root-locus coordination, leading to MG instability.
As observed in Fig.10, the corresponding IPS controller gains for
frequency (K) and voltage (κ) are changed to achieve the same
behavior of base approach. Increasing K and κ have effects nearly
identical to decreasing mp and np on power sharing, respectively.
Traces of eigenvalues prove the robustness of IPS controller gains in
response to load changes. Note that the IPS controller preserves the
MG stability even though the droop gain change causes instability,
while performing in the same operational mode.
In the base approach, Sm changes from 112% at 2mp0 to -85%

(negative sign due to being in an unstable region) at 0.5mp0. To
have the same power sharing behavior, the proposed IPS changes
Sm from 104% at 0.8K0 to 80% at 1.6K0, thus demonstrating more
robustness in frequency regulation than the base controller does.
To better evaluate the effectiveness of the IPS on voltage regulation,
κ is changed from 0.75 to 2.5, while np changes from 32 to 0.5 times
of nominal value np0. Note that a small droop gain is necessary to
improve the transient response of DGs and share the power among
them. This small droop gain reduces the stability margin with the
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(19)

[X(G)] = [X(INV ) ⊗X(SG)], X ∈ {A,B,C,Cω}, RN =

{
rN , i = j

0, i 6= j
, MG(i, j) =

{
+1, Gj → nodei

0, otherwise

MLd(i, j) =

{
−1, Ldj → nodei

0, otherwise
, MLn(i, j) =


−1, iLn(j,i)

< 0, Lnj → nodei

+1, iLn(j,i)
> 0, Lnj → nodei

0, otherwise

Fig. 8. Flowchart of the proposed IPS scheme.

growth of load and increases the reactive power sharing error to
nominal values. Similar to the frequency control, the base model
varies Sm from 125% in value of 32np0 to 106% for 0.5np0, whereas
the IPS forces Sm from 124% at 0.75κ0 to 113% at 2.5κ0.
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Fig. 9. 14-bus modified CIGRE benchmark of islanded MG [8].

TABLE I
DOMINANT EIGENVALUE SENSITIVITY.

Frequency Voltage
Base ∂λ/∂mp : 4.6 ∂λ/∂np : 2.4
IPS ∂λ/∂k : 2.1 ∂λ/∂κ : 1.6

B. IPS Performance in Renewable Power Fluctuations (Scenario 1)

The effectiveness of IPS during renewable energy fluctuations is
evaluated by comparing the MG response to wind power variations
in both the base and IPS approaches. The wind power fluctuates
between 15% and 35% of 800 kVA [31]. Fig. 11(a) shows the MG
frequency dynamics for three cases: the IPS and the base model
with/without ESS. First, considering the frequency dynamics in Fig.
11(a), controller gains quickly eliminate the frequency deviation ex-
perienced under the IPS approach. It causes the frequency regulation
is maintained throughout wind fluctuation with minimal transients.
It is noted that ESS has a significant effect in compensating for
the wind variations and that the active power output of diesel-based
SGs undergoes no significant changes. Fig. 11(b) depicts the voltage
profile of two buses in both base and IPS approaches. Observe that
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Fig. 10. Traces of eigenvalues as a function of base controller and corresponding IPS
gains for (a) active power: 0.5mp0 ≤ mp ≤ 2mp0, 0.8K0 ≤ K ≤ 1.6K0; (b)
reactive power: 0.5np0 ≤ np ≤ 32np0, 0.75κ0 ≤ κ ≤ 2.5κ0. Blue circle indicates
the steady-state operation.
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Fig. 11. (a) Frequency response and (b) voltage profiles for base and IPS models in
variation of wind power (Scenario 1).

TABLE II
REACTIVE POWER SHARING AND VOLTAGE REGULATION ON BUS #3

β = 0 β = 0.5 β = 1

Voltage (p.u.) 0.95 0.97 0.99
Reactive Power (kVAr) 430 417 395

the voltage variations in the IPS controller are preserved within the
operating voltage range of 0.98-1.02 p.u. comparing to that in the base
approach with ±0.05 p.u. voltage error. To elaborate the impact of Q-
V compromise factor on the voltage regulation, a sensitivity analysis
is performed on β in Table II. Increasing the feedback gain β results
in an increasingly voltage regulation on bus #3, and decreases the
reactive power sharing of diesel-based SG #3.
The ESS connected to bus #6 operates in the unity power factor

under voltage source control paradigm; the discharging/charging
ramp-rate is 30 MW/Hz, which is a zero power-frequency droop.
To better evaluate the IPS controller, a frequency and voltage droop
for the ESS is considered. Fig. 12(a) demonstrates that the diesel-
based SGs make no contribution in the base approach, but have
a significant commitment to generate the active power in the IPS
controller. Observe in Fig. 12(b) that the ESS generates up to 800
kW of the active power and 40 kWh of total energy. When the wind
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Fig. 12. Active power output of (a) diesel-based SG #3, (b) ESS due to wind power
fluctuation (Scenario 1).

 IPS

Fig. 13. Operating power capability of active power for (a) diesel-based SG, (b) ESS
in wind power fluctuation (Scenario 1).

power continues fluctuating for an hour, sufficient ESS is needed to
respond to the MG requirement. However, ESS implementation can
be expensive, at normal prices, typically $5-12k per kWh [8]. Active
power sharing is precisely shared among diesel-based SGs and battery
throughout the entire time-simulation. This power sharing behaviour
is identical in all other studies, and hence the reactive power sharing
plots are omitted due to space considerations.
Besides, small frequency droop gain forces ESS to dispatch signif-

icantly during the wind power fluctuations, while diesel-based SGs
still have operating power capabilities to be dispatched. Fig. 13 shows
the operating power capability of diesel-based SG #3 and ESS in
three cases, respectively. Using the base with ESS approach, ESS
reaches its rated power in t =[18 33]s, and there is no available
power for the future dispatch. From Fig. 13(a), the diesel-based SG
#3 has no contribution in active power sharing at t =40s, while the
MG utilizes the ESS power significantly. Observe that IPS is capable
of enhancing active power contribution of diesel-based SG #3 from
22% to 30%, and decreasing that in ESS from 48% to 37%. The rest
of power contribution belongs to diesel-based SG #1. Without loss of
generality, the IPS controller dispatches the active power among DGs
to keep the operating power capability for all DGs uniformly. The
voltage control performance of the base model is highly dependent on
voltage droop gain (np). The impact of np on the voltage is shown
in Fig. 14. As np decreases, the voltage variations are shifted up
to reach the nominal value. Besides, it can be concluded that the
adaptive virtual impedance quickly eliminates the voltage deviation
of bus #3; thus, voltage regulation is maintained throughout wind



9

0 20 40 60 80 100 120

0.95

1.00

V
ol

ta
ge

 (p
u)

Time (s)

 np=1.2  np=1.5  np=1.5 with Zv

Fig. 14. The effectiveness of adaptive virtual impedance implementation on voltage
output of buses (Scenario 1).

TABLE III
THE IMPACT OF IPS CONTROLLER GAINS ON POWER SHARING AND

FREQUENCY VARIATION

IPS Gains Load (kW) Freq. (Hz) Power (kW)[PF]%
KD1,KD3,KESS ∆PL ∆f ∆PD1,∆PD3,∆PESS

1,1,1 462 0.00004 68,150,244 [14,32,54]%
1.01,1,0.99 458 0.00007 74,149,235 [16,32,52]%
1.02,1,0.98 456 0.00002 88,147,221 [19,32,49]%
1.03,1,0.97 452 0.0012 93,146,213 [21,32,47]%
1.1,1,0.9 443 0.002 101,144,198 [23,33,44]%

power changes with minimal transients. The IPS controller equipped
by the virtual impedance regulates the output voltages of buses via an
integral-term. However, the reactive power sharing has an error Qerr
(= (Qi−Qi0)/Qi0) around 4.2% and -3.1% for diesel-based SGs #1
and #3, respectively. Table III lists the power sharing among ESS and
diesel-based SGs under inhomogeneous IPS controller gains. Control
parameters except the IPS parameters are the same as Scenario 1.
Note that these inhomogeneous controller gains result in varying
transient frequency response, whereas the MG stability is unchanged.
Due to the reactive characteristics of demand, the load power change
from 462 kW to 443 kW. As illustrated in Table III, increasing
the IPS controller gain for diesel-based SG #1 increases the active
power of that DG from 68 kW to 101 kW, while ESS decreases
its power contribution from 244 kW to 198 kW. However, once the
ESS participation factor (PF) in active power sharing reaches 44%
from 54%, the IPS controller is not capable of regulating the MG
frequency close to zero steady-state error. The qualitative impacts of
IPS controller gain on the MG transient performance and steady-state
equilibrium are summarized in Table IV. The IPS controller offers
several advantages as well as accurate power sharing and frequency
and voltage regulation. Two transient coefficients of the IPS controller
reduce the settling time of frequency and voltage regulation up to
20%. It can be seen that as these transient coefficients increase, the
settling times reach some points that, for further increase in them,
the settling times are unchanged. Note that the voltage response of
the MG with Q-V compromise factor is significantly improved with
a steady-state voltage around 0.99 p.u., whereas the reactive power
sharing is not accurate.

C. IPS Performance in Disconnection of DGs (Scenario 2)

To better evaluate the performance of IPS during large distur-
bances, the diesel-based SG #1 is disconnected at t =1 s. Prior
to this disconnection, the MG is assumed to be in a steady-state
condition. For simplicity of analysis, the instantaneous active power
output of the wind turbine is considered to be constant during the
disconnection. Fig. 15 depicts the frequency response for the base
model with/without ESS, and IPS. For the base model, the frequency
drops below 59.7 Hz after the disconnection of DG, which is beyond
the allowable frequency limit. The application of ESS improves the
steady-state frequency around 59.9 Hz, while the frequency remains
within acceptable limits; therefore, the MG does not need the load

TABLE IV
PERFORMANCE ANALYSIS IN CHANGING IPS CONTROLLER GAINS

FOR SG #3

Gains From To Analytical effect upon change
K3 0.8K0 1.6K0 Increases P-sharing, Sm: 104%→ 80%
κ3 0.75κ0 2.5κ0 Increase Q-sharing, Sm: 124%→ 113%
Kf

tr 0.5 1 Frequency regulation: tset: 2.45 s→ 2 s
Kv

tr 0.5 1 Voltage regulation: tset: 2.1 s→ 1.85 s
β3 0.5 1 V3: 0.97p.u.→ 0.99p.u., Qerr: 1.8%→2.4%

* The arrow (→) denotes gain change from an initial value to a final value.
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Fig. 15. Frequency response of MG during the disconnection of diesel-based SG #1
(Scenario 2).
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Fig. 16. Active power output of (a) diesel-based SG #3, (b) ESS, and (c) reactive
power output of diesel-based SG #3 (Scenario 2).

curtailment. The IPS controller restores the frequency to the nominal
value with a slightly higher settling time, as compared with the base
model. Fig. 16 illustrates the corresponding active power output of
diesel-based SG #3 after the disturbance at t =1 s. The fast-acting
characteristics of ESS do not allow the diesel-based SG to operate
during the disturbance in the base model; hence ESS does not exceed
the maximum rating power 800 kW and 2 kWh energy in exchange
of loads. Observe that for the base system with ESS, the diesel-based
SG #3 has no significant change since the ESS compensates for the
disconnection of SG #1. The IPS controller releases the operating
power capability of ESS only 3 seconds after disturbance; thus,
this controller forces diesel-based SG #3 to generate about 440 kW
more than that in the base model with ESS. Fig. 16(c) presents the
reactive power generated by diesel-based SG #3. Due to the voltage
drop on buses, the reactive power generation of diesel-based SG #3
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TABLE V
IPS PERFORMANCE UNDER PLUG AND PLAY OPERATION OF SG #1

Base Base With ESS IPS
Frequency (Hz) 59.79 59.97 59.98
Voltage (p.u.) 0.94 0.95 0.99
ESS Utilization (kWh) - 4.44 3.12

is decreased to 200 kVAr in the base approach. However, the IPS
controller preserves the voltage magnitudes that remain within ±
0.05 p.u. voltage error.

D. Plug and Play Functionality of IPS Controller (Scenario 3)

The plug and play functionality is tested by disconnecting the
diesel-based SG #1 at t = 20 s, and reconnecting at t = 40 s. A
synchronization action is used in the downtime to synchronize the
SG #1 with the remaining of the islanded MG before re-connection.
Control parameters are the same as in Scenario 1. Two frequency and
voltage indexes are defined to evaluate the IPS performance during
this process. Table V shows that IPS controller reduces the frequency
deviation,

∫ 40

20
|∆ω(t)|dt, during the plug and play functionality. In

addition, it is concluded that the impact of this process on voltage
deviation on bus #1,

∫ 40

20
|∆V1(t)|dt, is negligible for IPS approach

comparing to base model. The ESS utilization are reported in Table V.
Observe that using the IPS controller, the ESS utilization decreases
by 30% and results in saving active energy around 1.32 kWh for
each plug and play functionality. Without loss of generality, the IPS
controller maintains accurate power sharing as well as frequency and
voltage regulation despite the connection/disconnection of SG #1.

VI. CONCLUSION

In this paper, an intelligent power sharing (IPS) approach has been
proposed for islanded MGs. Based on the realistic analysis and the
simulation results shown in this paper, the IPS controller provides
frequency and voltage regulation, while sharing power proportionally
to the DGs’ operating power capabilities and their droop control
values. The IPS controller gains can be tuned to achieve either the
voltage regulation, reactive power sharing, or a compromise between
them. A mathematical model of small-perturbation stability has been
presented along with performance analysis. By properly tuning the
changes in IPS parameters, it has been demonstrated that the IPS
provides zero steady-state errors in MG frequency and voltage, unlike
conventional control models. This controller reduces the dependency
on ESSs by distributing operating power capabilities of DGs over
a wide time-horizon. Furthermore, the IPS controller decreases the
impact of large disturbances on the MG, such as the disconnection
of DGs and plug and play functionality. The IPS controller shows
the robust frequency and voltage control performance under small
perturbations with minimal transients.
Although the IPS controller brings technical advantages, it does not
optimize MG operation from a viewpoint of cost or the ESS life-
cycle. The design of optimal IPS control remains an open research
problem. Besides, the IPS stability analysis has been achieved based
on the MG parameter linearization, which is only valid around the
operating conditions. Further investigation is needed to design a
Lyapunov-based controller that guarantees the large-signal stability
of frequency and voltage.
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